Atkinson and Reuter(l) consider travelling wave solutions for the deterministic epidemic, with or without removals, spreading along the line. In the case where there are no removals, they reformulate the problem in terms of the solutions X(-) to the integral equation
J -
for some C > 0. They then prove the following existence theorems. THEOREM In this paper, it is shown that the Atkinson-Reuter solution constructed in Theorem 1 is in fact unique. Only the case without removals is described: the argument for 
IfF(\) = c has a positive root A = a, and ifF(A) exists and is < c in some interval a < A < oc + S, then equation (1) has a solution.
uniformly in n ^ 1. Hence, by the semi-martingale convergence theorem, 5^ converges a.s. to a finite limit as n ->oo. Since 2™ =0 </ A (<S^) is a.s. decreasing, and its expectation is bounded below by (5), it follows that it converges a.s. to a finite limit, and hence W x (S n ) also converges a.s. to a finite limit. Now EXj = -(ctfJ-iF'CA) > 0. So, taking s 0 = 0, it follows from Blackwell's renewal theorem that, for any h > 0, 
The uniqueness of Atkinson and Reuters epidemic waves
It is impossible that W x (t) ->oo as <->oo, since this would contradict the convergence of W A (S n ) to an a.s. finite limit. Hence there must exist a sequence (<J)J> i such that, as j-»• oo, tj ->CXD and W^(< 3 ) converges to some finite limit w. For any such sequence, since W\{t) = AW x (t)-X'(t)e at s$ APf A («), it follows that, for all j sufficiently large, and for any given e < 1/2, W^(t)^w -2e whenever tj -e/A.w < t < ty,
Hence, by (6), and since W A (S n ) converges a.s. it follows that W x (8 n )-+w a.s. This analysis shows that W x (t) converges to w as t -> oo, since otherwise, from the continuity of W x , it would be possible to choose a sequence (tj) converging to some other finite w', and argue also that W x (S n ) ->• w' a.s. 
for any A < a such that A < 2C. Replacing C by A, and repeating the argument as many times as is necessary, it follows that W a (t) -> w < oo for some w ^ 0: and since 0 a = 1 and g x (t) < 0, it is necessary that w > 0, as otherwise T^ would reach its maximum at some -oo < i 0 < oo, which is inconsistent with (3). Similarly, to the translate X 1 corresponds W* with W*(u) = X(u -t)e au ->we at as u -> oo. Note also that, from (2), W a (t)^Oa,st-> -oo.
So, given any two solutions Zf and X z of (1), compare X 2 with X x , where Z x is the translate of Xf for which m^. eo Z 1 («)e-« = lmv_ 00 X 2 (tt)e« u .
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